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Abstract

Öz

Purpose of the article is to find possible answers on how to best nurture mathematical
creativity of students. With the worldwide introduction of mandatory national/state tests
and inclusion of diverse students in classrooms, most mathematics teachers lead the
mathematical lesson by giving direct instruction on the procedures for math problem solving. Mathematics instructions are focused on
getting good scores on tests of performance. To
get insights on how to improve our educational practices to nurture mathematical creativity
of students, conceptual models and multifaceted nature of mathematical creativity and
its development are reviewed. Keeping in
mind the need of a balanced development of
various components of mathematical creativity, it is necessary to allow problem choices
through differentiation of challenge levels of
problems and contents, creating safe environment for taking risks, providing opportunities
for recognition of mathematical creativity, and
providing ill-defined challenging real life
problems are suggested.
Keywords: mathematical creativity; multifaceted, mathematics education, school-level,
professional level

Bu çalışmanın amacı öğrencilerin matematiksel
yaratıcılık düzeylerinin nasıl geliştirileceğine
yönelik olası yollar önermektir. Dünya genelinde ulusal testlerin zorunlu olması ve sınıflarda farklı düzeylerde öğrencilerin bulunması
nedeniyle, çoğu matematik öğretmeni matematiksel problemlerin çözümünde doğrudan
öğretim yöntemlerini kullanmaktadırlar. Matematik öğretiminin odak noktası sınavlarda
yüksek puan almasıdır. Öğrencilerin matematiksel yaratıcılık düzeylerinin geliştirilmesine
yönelik eğitim uygulamalarının tasarlanması
kapsamında; kavramsal modeller ile matematiksel yaratıcılığın çok yönlü doğası ve gelişimi
incelenmiştir. Matematiksel yaratıcılığın farklı
bileşenlerinin dengeli gelişimi göz önünde bulundurularak, problem seçeneği oluşturma
yolları olarak; problemlerin ve içeriklerinin
zorluk düzeylerinin değiştirilmesi, risk alabilmek için güvenli ortamların yaratılması, matematiksel yaratıcılığın ortaya çıkması için fırsatlar yaratılması ve tam tanımlanmamış gerçek hayat problemlerinin tasarlanması önerilmiştir.
Anahtar Sözcükler: matematiksel yaratıcılık,
çok yönlülük, matematik eğitimi, okul seviyesi, profesyonel seviye

“Mathematics is the science demanding the utmost imagination”
Sofya Kovaleskaya

Introduction
Mathematics is the foundation of science and technology (US. National Research Council
[US. NRC], 1989) and the main driver of economic development (Chung, 2015). Thus, highly
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creative talents in mathematics have been proclaimed as the most needed resource for the
21st century as a highly creative workforce in Science, Technology, Engineering, and Mathematics (STEM) areas (US Office of Science and Technology Policy [US OSTP], 2006).
For the last one or two decades, Singapore (Gob, 1997), South Korea (Cho, 1995), and Taiwan
(Chen, 2004) have made the fostering of creativity in the schools a top priority. In the United
States, the Principles and Standards of School Mathematics (National Council of Teachers of
Mathematics [NCTM], 2000) suggests that students need to be provided with challenging
problems that can stimulate their development of creative mathematical thinking (Robelen,
2012). Nevertheless, our education system has not sufficiently responded to promote children’s mathematical creative thinking during training process at school (Chan, 2007; Mann,
2005).
In this article, theoretical framework of mathematical creativity and mathematical creativity
in professional mathematicians, multi-faceted nature of creativity, and development of creativity are reviewed. Based on the review of literature, strategies for nurturing mathematical
creativity in schools are suggested.

Definition of Mathematical Creativity
In this section, multi-faceted nature of mathematical creativity is reviewed to answer such
questions as ‘What is mathematical creativity?’; ‘What is involved in mathematical creativity?’; and ‘How can we nurture mathematical creativity?’
Mathematical creativity may be present at different levels in all people (Liljedahl & Sriraman,
2006; Usiskin, 2000). Hence, until now, there have been not less than 100 definitions of creativity and mathematical creativity from various viewpoints (Treffinger, Young, Shelby,&
Shepardson, 2002). However, not many studies have reached insights into the characteristics
of mathematical creativity and how we can promote mathematical creative talents.
Common concept of creativity among various definitions are new, high quality, and appropriate ideas, products or performances within the context (Amabile, 1996; Sternberg &
Lubart, 1995; Torrance, 1972, 1987). This definition of creativity can be extrapolated to the
domain of mathematics as to produce new, elegant, and appropriate solutions for the problem (Ervynck, 1991), even though the specific descriptions of mathematical creativity may be
slightly different among scholars.
For professional mathematicians, intuition on deep structure of the subject at a high degree
helps an individual explore the hidden harmonies and relations of mathematics (Ervynck,
1991; Poincaré, 2012). However, intuition is only possible when the individual has acquired
solid knowledge and skills, become familiar with the particular subject or problem and reflected deeply on it (Liljedah l& Sriraman, 2006). Furthermore, Poincaré (2012) described
mathematical creativity as a work of both conscious and unconscious thinking in which con-
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sciousness comes first and unconsciousness appears later. Likewise, Kovaleskaya (1978)
compared the mathematician to a poet, because like a poet, a mathematician must be creative
to achieve mathematics magic. She found that the mathematician must identify what others
cannot and think more intensely than others.
Chamberlin and Moon (2005) considered divergent thinking as one of the keys for mathematical creativity. Mingus and Grassl (1999) also suggested the ability of combining the experience and skills from remote domains to synthesize new products or ideas as mathematically creative ability. Poincaré (2012) added the ability to construct new and valuable combinations of mathematical entities that already exist as another essential ingredient of mathematical creativity. To create such combinations, one needs to be capable of associating remote concepts and skills in mathematics. Liljedahl and Sriraman (2006) echoed Poincaré that,
while solving problems, one may have random pieces of ideas from which one searches for
relevant ideas and merges them together meaningfully to create mathematics.
Livne and Milgram (2006), in their experimental study with students, found that mathematical creativity requires two cognitive abilities: Academic and creative abilities. Academic ability is considered to be mathematical thinking ability, while creative ability is the ability to
recognize pattern and relationships using complex and non-algorithmic thinking and to
think divergently. The results imply that students need to be equipped not only with creative
abilities, but also with solid foundation of mathematical concepts and skills in order for them
to be creative in mathematical problem solving.
From the review of mathematical creativity at the professional level, it is possible to sense
that mathematical creativity requires various components including intuition, conscious and
unconscious thinking, association of remote ideas, divergent thinking. Below, multi-faceted
nature of mathematical creativity will be reviewed.

Multi-faceted Nature of Mathematical Creativity
Regarding the multi-faceted nature of creativity, Amabile’s (1983a; 1983b) componential theory informs about three components involved in the framework of creative performance: domain-relevant skills, creativity-relevant skills, and task motivation. Domain-relevant skills include
knowledge, skills, and “talent” of specific domain in which the problem to be solved belong.
Creativity-relevant skills refer to knowledge and skills needed for generating novel ideas and
working styles. Task motivation refers to the intrinsic and extrinsic motivation towards the
task. Furthermore, motivation may be the most salient factor of creative performance (Amabile, 1985).
Sternberg and Lubart (1995) also proposed five personal resources of creativity: intelligence,
knowledge, thinking styles, personality, and motivation. Knowledge refers to domain
knowledge and formal and informal knowledge required for creating new and useful solutions. In addition, thinking styles are related to the theory of mental government. Sternberg
TurkishJournal of Giftedness & Education, 2018, 8/1

67

Pham ve Cho

Matematiksel Yaratıcılığın Geliştirilmesi

claimed that creativity style is related to a person’s self-government style where mental government can be categorized as functions of mental government (legislative, executive, and
judicial styles), forms of mental self-government (monarchic, hierarchic, oligarchic, and anarchic styles), scope of mental self-government (internal and external styles), and orientations
of mental self-government (liberal style, conservative style). Similar to other theories, creativity is also connected to both intrinsic and extrinsic motivation.
Urban’s (2003) componential model of creativity that contains six components which are involved in the creative process: (1) divergent thinking and acting, (2) general knowledge and
thinking base, (3) specific knowledge base and specific skills, (4) focusing and task commitment, (5) motivation and motives, and (6) openness and tolerance of ambiguity. According
to Urban, no single component can work independently in the creative process; instead, all
function interactively. In other words, each component and sub-component interact differently depending on the kind of problems, stage of creative processes, kind of processes in relation to the product strived for. Moreover, micro- and macro-environmental variables, such
as the context of work, task constraints, evaluation, education, competition, cooperation,
home climate, school climate, organizational climate, and social ambiance, also influence creativity.
Theoretical frame of creativity with emphasis on creative problem solving was suggested by
Cho (2003) in her Dynamic System Model of Creative Problem Solving. It includes six attributes (divergent thinking, convergent thinking, motivation, general knowledge and skills,
domain specific knowledge and skills, and environment) that interact with and are influenced by one another. Cho (2003) believed that, when students solve problems, motivation,
knowledge and skills in general and in specific domains function as the base of creativity,
while divergent and convergent thinking function as tools for creativity. Similar to Hocevar
(1979), Cho (2003) found that ideational fluency is correlated highly with ideational originality. In other words, those who can come up with more diverse solutions tend to produce
more original ideas. Based on the Cho’s Dynamic System Model of Creative Problem Solving, Lin (2018) found “Threshold effects” with 409 5th and 6th Taiwanese students in mathematics creative problem solving. A Creative Problem-Solving Attribute Instrument (Lin &
Cho, 2011) was used to measure students’ perceptions on their motivation, knowledge, and
skills, both in general and in specific domains, divergent and convergent thinking. Cluster
analyses yielded three creative problem-solving typologies: High, Medium, and Low. The
High Attribute group scored significantly higher in the Math Creative Problem-Solving Test
than did the Medium and Low Attribute groups. Interestingly, Medium attribute group was
not significantly better than the Low attribute group in math creative problem solving ability. This result shows a threshold effect from the related attributes—divergent thinking,
convergent thinking, motivation, general knowledge and skills, domain-specific knowledge
and skills, and environment—on students’ creative problem solving abilities. The result also
implies that the balanced development of all related attributes is important for exercising
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creativity in children. The result also confirms the claim that none of the creativity components is solely responsible for mathematical creativity (Amabile, 1996; Cho, 2007; Sternberg &
Lubart, 1995; Urban, 2003).

Development of Mathematical Creativity
Mathematical creativity can be discussed at four different levels based on the 4C Model of
Creativity (Kaufmann & Beghetto, 2009). In 4C Model, 'Big-C' creativity refers to ideas bring
about significant change in a domain (e.g., a mathematical discovery made by Fields medal
recipients); 'Pro-c' creativity refers to the ideas associated with the creative acts of people
with expertise in a field (e.g., professional mathematicians’ ideas published in scholarly journals); 'little-c' creativity refers to the everyday creative acts of individuals who are not particularly expert in a situation (e.g., mathematical rediscovery of secondary school students in
AP mathematics); and 'mini-c' creativity refers to the novel and personally meaningful interpretation of experiences actions and events made by individuals (e.g., young child’s discovery of mathematical patterns from Lego blocks).

Figure 1. The Complete Four-C Model
The Complete Four-C Model in Figure 1 shows that “everyone begins in mini-c”. Even if
there is a “rare few may make the jump to Pro-c”, some will reach to Proc-c through “a formal
apprenticeship”, usually taking approximately 10 years through academic institutions. Some
will develop their creativity through ‘tinkering—playing with one’s creativity in a domain
and improving through such experimentation, even without a structured mentorship’
(Kaufmann & Beghetto, 2009, p. 7).
Depending on the potential and learning opportunities, each individual may demonstrate or
follow different developmental trajectories. As can be seen in the Complete Four-C Model,
some students may end up at the lttle-c level with reflection, rather than pursuing further up
TurkishJournal of Giftedness & Education, 2018, 8/1
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to the Pro-c/Big-C levels. Likewise, Liljedahl and Sriraman (2006) also distinguished mathematical creativity at the professional level and school level: Big-C/Pro-c at professional level
and mini-c/little-c at school level of mathematical creativity. They conclude that Big-C/Pro-c
mathematical creativity of professional mathematicians can be defined as the ability to create
a unique work which remarkably advances mathematics or to suggest new questions and solutions for other mathematicians. Nevertheless, mini-c/little-c mathematical creativity of students is to solve a familiar problem from new perspective or provide an original solution to
an assigned problem.
Hadamard (1954) claimed that the difference between mathematical creativity of Pro-c of
mathematicians and little-c of students is only the degree or quality. Krutetskii (1976) agreed
that creativity is not a patent of the mathematician. He claimed that mathematical creativity
requires the ability to synthesize mathematical material; to find the simplest way to solve
problems; to remember relation patterns, reasoning schemas, and methods of problem solving. In addition, being flexible in reasoning processes and observing things through mathematical view are another essential components of mathematical creativity. Ervynck (1991) also emphasized that mathematical creativity is just advanced mathematical thinking which
requires mathematical problem solvers to be familiar with the subject and making results
which are framed within a deductive structure.
The reviews on the literature on the differences in mathematical creativity of professionals
and students implies that students’ mini-c/little-c mathematical creativity can be developed
into Pro-c through formal training or informal tinkering while they learn mathematics. However, they will need to be familiar with the subjects through deep understanding of mathematical concepts in order for them to be creative. In addition, students need to be provided
with opportunities to interpret familiar problems from different perspectives and suggest
new solutions for given problems. Talent Development Mega Model by Subotnik, Olszewski-Kubilius, and Worrell (2011) asserts that mathematical talent and its mini-c/little-l
creativity emerges earliest among several domains such as social sciences, team sports, or
drawing. To facilitate its further development, it is necessary to provide opportunities early
on and help the child to fall in love with mathematics. When they are in primary and secondary schools, they need opportunities to learn knowledge and skills through training,
practices, and experiences. At the later stage of talent development, developing their own
‘niche’ will and should be guided by mentors. For full blooming of creativity, social interaction among professional experts is needed.

School Practices in Relation with Mathematical Creativity
Creative problem solving in mathematics has been emphasized in the National Council of
Teachers of Mathematics (2000). However, in spite of such a significance of mathematically
creative talents, mathematical education has not valued promoting students’ mathematically
creative thinking at schools. Review of literature informs that children need to do what
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mathematicians do to develop mathematical talents (Mann, 2006). However, during the last
10 years, “the worldwide emphasis on high-stakes testing has ushered in an especially virulent decade-long return to basic skills” (Lesh & Sriraman, 2005, p. 501). Teachers are under
even more pressure to teach to the test rather than to work toward developing a conceptual
understanding of mathematics in their students (Mann, 2006). Therefore, there is a very limited room for students to explore personal understanding; to pursue better solutions using
ill-posed or open-ended problems; or to work for a prolonged period of engagement and independence.
Instead, in mathematics class, students will learn steps to follow to solve a mathematics
problem directly from teachers (Mann, 2006). Rote mastery through direct instruction and
practice of steps to follow to solve mathematics problems will take up most of the mathematics class time. Very little time will be spared for creative problem solving in mathematics
classes. Considering various teaching approaches for enhancing student creativity explored
in the last two decades (e.g., Feldhusen & Treffinger, 1980; Shallcross, 1981; Starko, 1995;
Sternberg & Williams, 1996; Torrance, 1972, 1987; Treffinger, Isaksen, & Dorval, 2006), it is
surprising that schools have not changed much in their efforts for nurturing creativity while
teaching mathematics.
Moreover, meeting diverse needs of students in inclusive classrooms do not allow most
teachers to allocate their class time for discovery learning. Therefore, limited opportunities
are provided for students to work on open-ended or ill-defined tasks that require divergent
thinking (Mann, 2005; Liljedahl & Sriraman, 2006) or to work on real world problems, which
are ill-formed and tough (Freiman, 2006). Mathematical curriculum does not provide students with opportunities to design and answer their own problem (Mann, 2006). Therefore,
these students will “struggle when they encounter unknown situations in which originality,
creativity, and problem solving are necessary” (Mann, 2006, p. 248).
Finally, mathematical assessment currently used in schools generally assess mathematics
computational skills, logical thinking skills, or simple application of mathematical formula to
solve problems but do not identify or measure students’ mathematical creativity (Cho &
Hwang, 2006; Kim, Cho, & Ahn, 2003; NRC, 1989). Multiple-choice test is widely used in
schools and for several purposes such as college entrance, final exams, and graduation.
However, this kind of test stresses speed and accuracy instead of high-level thinking and
problem solving, focuses on what answer is rather than how to find the answer (Mann,
2005). As a result, teachers, employing these tests, do not know how students think and reason and how they solve the problem. Evidently, the test values right answers over creative
problem solving, although mathematics is not a fixed body of standard procedures to be
mastered but rather a fluid domain (Poincare, 2012).
Currently, mathematical problems provided in school tests are often closed tasks involving
numerous standard algorithms and allow only for one correct solution. This kind of problem
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inhibits students from exploring problem, looking for patterns, and making important mathematical generalizations that are the core of creative mathematical talents (Freiman, 2006).
The National Research Council of U.S. (1989) also concluded that the current tests do not aim
to assess educational objectives and thus, teachers often teach based on test, not curriculum,
or learning outcomes. Moreover, current high-stakes tests do not require higher order thinking and emphasize correct answers instead of original reasoning. Finally, tests make students, teachers and community look to mathematics as a dry and scary subject. Indeed, to
develop and nurture our creative mathematical talents, current mathematical instruction,
curriculum, and assessment need to be reviewed for possible revisions.
Environment has also been suggested as a critical factor for exercising creativity by various
scholars. Csikszentmihalyi (1996) focused on where creativity is. He proposed that creativity
exists in the interaction between an individual’s thoughts and social context. Csikszentmihalyi (1996) claimed that creativity is delivered, generated, and decided through interaction among domain, field, and person. The concept of domain refers to an area that shares a
set of rules and procedure (e.g., domain of mathematics). Field refers to the gatekeepers or
experts who are able to decide the level of creativity of ideas, products, or performances in
their domains. Person is related to an individual who creates novel and appropriate ideas.
Based on these concepts, Csikszentmihalyi defined creativity as “any act, idea, or product
that changes an existing domain, or that transforms an existing domain into a new one”
(1996, p. 28).

Educational Implications and Strategies for Nurturing Mathematical Creativity
Although one cannot directly teach creativity, one can “teach for creativity” (Kaufmann &
Sternberg, 2007).Based on Woods’ (1990) ideas on creative teaching, Chan (2007) suggested
four general features of teaching for creativity: (1) “making learning experiences relevant to
students”; (2) “passing back control to the students (p. 8)”; (3) rendering students be the
owner of learning and problem solving; and (4) encouraging students to be expressive and
innovative. By providing students with more opportunities to control their own problem
solving, students can suggest, invent, and propose ideas, make connections, and be expressive and innovative. Students will become more confident about being creative and enjoy
more chances to be recognized and rewarded for their creative ideas. If students are not provided with opportunities to be creative, creativity will gradually wither (Cho, 2003, 2007).
Below, more specific strategies for nurturing mathematical creativity will be reviewed.

Ensure Balanced Development of All Components Involved in Creativity
Various creativity components dynamically interact while trying to solve mathematics problems and reach to creative solutions. Each component does not function independently (Cho,
2003, 2007; Urban, 2003). Therefore, actualization of creativity can be limited by one or more
of the involved components, if they are not fully developed or they do not function effective72

Türk Üstün Zekâ ve Eğitim Dergisi, 2018, 8/1

Pham & Cho

Nurturing Mathematical Creativity

ly. Even with active divergent thinking, limited understanding of basic concepts and skills
will result in the ideas, solutions, and products of low quality and vice versa.
One of the mistakes that educators are prone to make in their efforts to nurture mathematical
creativity of students is to focus on only divergent thinking or free association. Educators
who promote teaching for creativity might be negligent of helping students to master basic
mathematics knowledge and skills or to think logically. Students need to be familiar with
mathematical concepts and skills in order for them to be creative (Ervynck, 1991; Liljedahl &
Sriraman, 2006). Therefore, ensuring students’ balanced development of each related components is necessary. Teachers need to encourage both mastery of basic math concepts and
skills and production of novel ideas and solutions, especially for young children. Unbalanced focus either only on mastery of skills or divergent thinking might endanger the development of mathematical creativity.

Strategies Centered around Enhancing Motivation to be Creative
Suggested below are strategies or approaches for nurturing mathematical creativity that can
be used for student who are equipped with sound and firm foundation of mathematics
knowledge and skills. These strategies focus on motivation and environment which might
facilitate students’ higher-order thinking including divergent and convergent thinking.
Csikszentmihalyi (1991) and Winner (1996) argued that the commonality among eminent innovators is not cognitive or affective but motivational, especially, persistent motivation. Several researchers (Eccles, 2006; Eccles, O’Neill & Wigfield, 2005; Graham, 2004) have presented
the motivation in a dual-level view, expectancy and value, which is succinctly summarized into two questions: “Can I?” and “Do I want?”
Out of these two questions, “Can I?” is related to expectancy, which includes attribution, selfefficacy, and self-concept. High expectation from teachers and parents and recognition of
students’ strengths and efforts from teachers and parents will increase students’ expectancy.
“Do I want to do it?” is related to the sources of value, which includes interest in tasks (e.g.,
intrinsic motivation), importance or usefulness (e.g., extrinsic motivation, performance goal,
mastery goal), or trade-off or cost of doing the task. Studies have found different consequences for different sources of the motivation. If any individual answers “Yes” for the two
questions, then it is highly likely that they will take opportunities and commit themselves into the tasks. By employing strategies below, students are expected to respond “Yes” to the
two questions, “Can I?” and “Do I want?”.
Differentiation of challenge levels of mathematics problems and creating environment,
which is safe for taking risks, can be employed to enhance students’ perception on their expectancy. Providing more opportunities for recognition and open-ended real-life problems
can contribute to enhancing students’ perception on the value of mathematical creativity.
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Provide Problem Choices to Differentiate Appropriately for All Individual
For effective differentiation for each individual student, it is necessary for teachers to “use of
multiple resources, inquiry-based, discovery learning approaches, higher-order questioning,
flexible and differentiated assessment tools, create opportunities for participation in different
contests" (Freiman, 2011, p.165.). Reed (2004) also suggested three types of differentiation for
mathematical creativity: extension, open-ended investigation, and self-selection of topics for
in-depth study. These differentiation strategies will allow students to have choices of problems for which they want to invest their time and energy to search for creative solutions.
Some educators may think that only a few genius can be creative or should not be provided
with problems which require creativity, unless they have mastered their mathematical skills.
However, as the Complete 4 C Model of creativity depicts, students can and should be encouraged to exercise their creativity at any developmental level. It is because even the students with limited mathematical knowledge and skills can be creative at their own level as
manifested in mini-c and little-c(Kaufmann & Beghetto, 2005).
However, it should also be noted that creativity requires profound and flexible knowledge in
mathematics, long preparation and reflection (Silver, 1997; Sternberg, 2012). Students should
have enough sound knowledge and skills in general and in mathematics, which will allow
individuals to move forward actively interpreting problems from different perspectives, and
associating remote ideas with passion. In order to encourage all students to exercise their
creativity, it is necessary to differentiate the challenge level that the problems might present
to the problem solver. By providing problem choices with diverse contents, students should
be able to select problems, which are aligned with their interests. With choices of problems at
several challenge levels, students should be able to choose problems that are aligned with
their level of understanding of mathematical concepts and mastery level of mathematical
skills.

Recognize Efforts and Motivational Persistence for Mathematical Creativity
Recognition of students’ efforts and strengths will encourage students to be the owner who
control their own learning and problem solving. Recognition and rewards are generally
viewed as extrinsic motivators, which are detrimental to creativity (Amabile, 1996). But
recognition of and rewards for their efforts and improvement in comparison with the learning goals or with their starting point, not with their classmates, will develop their intrinsic
motivation. Teachers need to be careful not to praise students’ ability and right answers only
(Dweck, 2013). Rather teachers should recognize students’ efforts and persistence for solving
problems for which answers are not readily available; recognize students’ attempt to find
original and elegant solutions; recognize students’ unexpected ideas, new perspectives for
understanding problems, and courage to take risks of making mistakes.
Some ways to recognize these strengths and efforts is to hold competitions for solving com74
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plex/multi-step/open-ended problems and long-term competitions for solving problems
whose answers are not known even to teachers. One of the examples of such a competition is
International Mathematics Olympiad (Campbell, Cho, & Feng, 2011), were initiated in the
former Soviet Union in 1934 as a way to ﬁnd the mathematical talent that the country needed. Subsequently, these competitions have spread around the world in a similar way that
sports Olympics have expanded over the years. “Virtual Mathematical Marathon,” an online
mathematics summer competition for mathematically promising students interested in more
challenge since 2008”, supported by the Canadian Mathematical Society and Canadian Natural Sciences and Engineering Research Council, (Freiman, 2011, p 167).
Extracurricular in- and after-school activities should and can be organized when mathematics competes with other traditionally attractive fields like sports and arts. These activities can
include school-initiated “mathematical nights” and “Mathematics competitions” through
university-school collaboration. School-initiated “Mathematical nights” can provide students
in a school with opportunities to compete in chess, mathematics, and science. “Mathematics
competitions” through University (Experts)- school (teachers) collaboration provides a valuable opportunity for creativity of students from wider community to be recognized. Teachers
can also get benefit through interacting with mathematicians and teachers from other schools
while students solve problems. These types of competitions can be organized at the local,
state, national and international levels.

Psychologically Safe Environment
For students to be creative, first, students should be encouraged to express their creative ideas even though not everybody will agree with their creative ideas. Second, students should
be encouraged to take sensible risks understanding that many creative ideas fail. Third, students should be encouraged to do better and see things in new ways continuously throughout life time, since creativity does not develop at once, but need to be fostered without stopping (Sternberg &Lubart, 1991).
A well-established environment for promoting creative problem solving ability should provide knowledge-based resources, stimulus, comfort, and a risk-free surrounding
(Csikszentmihalyi, 1996). It is very important that parents and teachers provide a nurturing
environment to develop attributes of creativity in young children. In addition, teachers and
parents should provide psychologically free and safe time and space from pressure or anxiety for making mistakes and failure. Students should be able to choose to pursue self-directed
research activities (Cho, 2007) without worrying about the consequences from failure. Teachers should employ instructional approaches that encourage students to generate various solutions for a problem rather than using traditional or convergent teaching model (Beghetto,
2010). Unexpected answers should be welcome; original ideas should be valued and rewarded. Moreover, teachers need to accept that model solutions offered by themselves or guidebook are not the unique ones. The best solution should be the creative one which is simple,
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beautiful, and useful. However, before reaching a creative solution student may have to
overcome many trials and errors. Therefore, teacher should encourage students to take risks
(Mann, 2006; Nadjafikhah, Yaftian, &Bakhshalizadeh, 2012). Discouraging risk taking prevents student from experiencing authentic mathematics and diminishes the development of
mathematical creativity (Silver, 1997).
To stretch students’ mind, Maker and Nielson (1995) suggests that classroom should be
learner-centered (than teacher- or content-centered); independence (than dependence)
should be expected; open to students’ new ideas and innovations; acceptance than judgment
exercised; complexity than simplicity should be the focus; variety of grouping options than
one general grouping should be utilized; and flexible (than rigid or chaotic) class structure
should be used.
In addition, teachers also need to create an environment where students can freely discuss
their mathematical thought and ideas together. Plus, to be creative in mathematics, students
need time for reflection and teachers should provide sufficient time for that.

Providing Students with Ill-defined and Unstructured Real World Problems
Krutetsky (1976) considered solving a problem in different ways closely connects with mathematical creativity. Open-ended problems need to be provided in the mathematical curriculum and tests because such problems stimulate students’ divergent thinking, allow them approach the tasks from various ways (Nadjafikhah et al, 2012).
Challenging situations that integrate open-ended problems and mathematical investigations
to evaluate and develop students’ mathematical talent can nurture students’ mathematical
creativity. It is easier for students to feel relevant to the challenging real-life problems. A
challenging situation initiates students’ action of structuring a problem, and of searching for
links between data and with their previous experience. Since a real challenge is possible only
when the problem is non-entrenched (Kaufman & Sternberg, 2007), the challenging situation
must contain a rupture with what the student has previously learned, provoking the student
to reflect on the insufficiency of the past knowledge and construct new means, new mechanisms of action adapted to the new conditions, activating her full intellectual potential. It was
found that working with challenging situations helps student always go further, go beyond
situations, ask new questions, initiate their own investigations, and be more creative in their
mathematical work (Freiman, 2006).
Students should also be provided with opportunities to do mathematics as mathematicians
do in order that their mathematical creativity can be demonstrated in the mathematical classrooms. This approach should be valid considering that the only difference between the
works of a school student and a mathematician in solving mathematical problems is a matter
of degree (Hadamard, 1954). To reach this goal, math teachers, curriculum, and assessment
should provide students with real world problems (National Mathematics Advisory Panel,
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2008). Most real world problems are ill-defined (Mann, 2005). This characteristic requires
students to generate multiple answers instead of a single answer (Meacham & Emont, 1989)
and facilitate students to pursue different solution paths rather than only one as in closed
and completed problems. Working with real world problems also enhances the students’
cognitive, meta-cognitive, and argumentation skills (Shin & McGee, 2003). Indeed, doing
what mathematicians do is an effective way of developing and nurturing mathematically
creative talents.

Conclusion
The important goal of mathematics education is to promote highly creative professionals in
science and technology. Mathematical creativity plays a major role in determining the innovative ability of the nation's work force and mathematical talents are the core of forming
STEM creative professionals that create our country future (OSTP, 2006). Therefore, mathematical creativity needs to be encouraged, nurtured and efforts for nurturing mathematical
creativity should be highly supported.
Mathematical creativity, at professional level, is considered the ability to generate original
work that contributes greatly to our insight into mathematics and suggests important questions and ways of problem solving for other mathematicians (Liljedahl & Sriraman, 2006). In
addition, creating mathematics at this level needs distinctive factors including: heuristics, intuition, proof, and social interaction (Polya, 2004). At the school level, students may reach
mathematical creativity if they can offer a novel or insightful solution to a given problem as
well as formulate new questions or possibilities that allow an old problem to be regarded
from a new angle (Liljedahl & Sriraman, 2006).
To foster mathematical creativity at school level, students should be provided with opportunities to work with challenging open-ended or complex problems which allow and encourage students to persist to solve the problems and find new, good, and relevant solutions
(NMAP, 2008). To nurture students’ mathematical creativity, students should be provided
with problem choices which are easily matched to their interest and their level of conceptual
understanding and level of mastery of skills; their mathematical creativity should be recognized and rewarded frequently; safe environment for taking risks with enough time for reflection and persistence should be provided; and students should be provided with illdefined challenging real life problems.
Teachers should be trained to challenge students with complex and ill-defined problems,
stimulate their thinking in various ways, encourage their personal ideas, and get provoked
by students' smart questions. Besides, mathematical curriculum should be reformed to provide more real world, challenging, and open-ended problems. Finally, yet importantly,
mathematical assessments should not be limited to evaluating how fast students can find
correct answers, but also evaluate students’ mathematically creative problem solving ability.
In this way, mathematically creative talents will be able to reach their fullest potential (Chan,
TurkishJournal of Giftedness & Education, 2018, 8/1
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2007; Cho, 2003, 2007, Freiman, 2011; Mann, 2005, 2006).
Outside of the classrooms, there are still many obstacles, which might hinder the development of creativity in students in the society including requirement of conformity, strict societal hierarchy, and prevalence of standardized-test for assessment and admissions. However,
the benefits of educating for creativity are worth the efforts of teachers and parents. It is
hoped that students’ mathematical creativity is more valued and nurtured in the coming
decades with the suggested changes in classrooms and schools.

References
Amabile, T.M. (1983a). The social psychology of creativity. New York: Springer-Verlag.
Amabile, T.M. (1983b). The social psychology of creativity: A componential conceptualization. Journal of Personality and Social Psychology, 45(2), 357-376.
Amabile, T.M. (1985). Motivation and creativity: Effects of motivation; orientation in creative
writers. Journal of Personality and social psychology, 48, 393-397.
Amabile, T. M. (1996). Creativity in context: Update to the social psychology of creativity. Boulder,
CO: Westview.
Beghetto, R. A. (2010). Creativity in the classroom. In J. C. Kaufman., & R. J. Sternberg,
(Eds.). The Cambridge handbook of creativity,(pp. 447 – 467). New York: Cambridge
University Press.
Campbell, J. R., Cho, S., & Feng, A. (2011). Special issue: Cross-cultural research on academic
Olympiad competitions. Roeper Review, 33, 5–7.
Chamberlin, S. A.,& Moon, S. M. (2005). Model-eliciting activities as a tool to develop and
identify creatively gifted mathematicians. Prufrock Journal, 17(1), 37–47.
Chan, D. W. (2007). Creative teaching in Hong Kong schools: Constraints and challenges. Educational Research Journal, 22(1), 1-12.
Chen, L. (2004). Táiwān chuàngzào jiàoyù de fa zhan [The development of creativity education in Taiwan]. Qīngnián yánjiū zázhì, 7(2), 102-116.
Cho, S. (1995). Yeongjae gyoyug hongboleul-wihan pogwaljeog in gyehoeg [Comprehensive
plan for the promotion of gifted education] Hangug gyoyug gaebal-won. .
Cho, S. (2007). Nurturing creative problem solving ability of the gifted in Confucian society.
The Journal of Gifted/Talented Education, 17(2), 392-411.
Cho, S. (2003, June). Creative problem solving in science: Divergent, convergent, or both? In
U. Anuruthwong,& C. Piboonchol (Eds.), 7th Asia-pacific Conference on Giftedness.
(pp. 169-174). Bangkok, Thailand: October Printing.
Cho, S., & Hwang, D. J. (2006). Math creative problem solving test for identification of the
mathematically gifted. Journal of the Korean Society of Mathematical Educational Series:
Research in Mathematical Educational, 10(1), 55-70.
Chung, K. (2015). Mathematics is the main driver of economical development.
http://tiasang.com.vn/-quan-ly-khoa-hoc/toan-hoc-mot-tru-cot-cua-phat-trien-kinh-te-8320
78

Türk Üstün Zekâ ve Eğitim Dergisi, 2018, 8/1

Pham & Cho

Nurturing Mathematical Creativity

Csikszentmihalyi, M. (1991). Flow: The psychology of optimal experience. New York: Harper Perennial.
Csikszentmihalyi, M. (1996). Creativity, flow and the psychology of discovery and invention. New
York:Harper Perennial.
Dweck, C. S. (2013). Mindsets and malleable minds: Implications for giftedness and talent. In
R. F. Subotnik, A. Robinson, C. M. Callahan, & P. Johnson (Eds.), Malleable minds,
Translating insights from psychology and neuroscience to gifted education. Storrs, CT: National Center for Research on Giftedness and Talent.
Eccles, J. S. (2006). A motivational perspective on school achievement: Taking responsibility
for learning, teaching, and supporting. In R. J. Sternberg,& R. F. Subotnik (Eds.),
Optimizing student success with the other three Rs: Reasoning, resilience, and responsibility (pp. 199–224). Greenwich, CT: Information Age.
Eccles, J. S., O’Neill, S .A.,&Wigfield, A. (2005). Ability self-perceptions and subjective task
values in adolescents and children. In K. Anderson Moore, & L. H. Lippman (Eds.),
What do children need to flourish? (pp. 237–249). New York, NY: Springer
Ervynck, G. (1991). Mathematical creativity. In D. Tall (Ed.),Advanced mathematical thinking
(pp. 42-53). Dordrecht, The Netherlands: Kluwer Academic Publishers.
Feldhusen, J. F., &Treffinger, D. J. (1980). Creative thinking and problem solving in gifted education. Dubuque, IA: Kendall/Hunt.
Freiman, V. (2006). Problems to discover and to boost mathematical talent in early grades: A
challenging situations approach. The Montana Mathematics Enthusiast, 3 (1), 51-75.
Freiman, V. (2011). Mathematically gifted students in inclusive settings. In B. Sriraman, & K.
H. Lee (Eds.),The Elements of creativity and giftedness in mathematics: Advances in creativity and giftedness (pp. 161-191). Boston, MA: Sense Publishers.
Gob, C. T. (1997). Shaping our future: Thinking schools, learning nation (The Prime Minister's opening speech at the 7th International Conference on Thinking, June 2).
Speeches, 21(3), 12-20.
Graham, S. (2004). “I can, but do I want to?” Achievement values in ethnic minority children
and adolescents. In G. Philogène (Ed.), Racial identity in context: The legacy of Kenneth
B. Clark. Decade of behavior (pp. 125–147). Washington, DC: American Psychological
Association.
Hadamard, J. (1954).An essay on the psychology of invention in the mathematical field. New York:
Dover.
Hocevar, D. (1979). Ideational fluency as a confounding factor in the measurement of originality. Journal of Educational Psychology, 71(2), 191-196.
Kaufman, J. C., & Beghetto (2009). Beyond big and little: The four C model of Creativity. Review of General Psychology. 13(1), 1-12.
Kaufman, J. C., & Sternberg, R. J. (2007). Resource review: creativity. Change, 39(4), 5558.Kim, H., Cho, S., & Ahn, D. (2003). Development of mathematical creative problem solving ability test for identification of gifted in math. Gifted Education International, 18, 184-174.
TurkishJournal of Giftedness & Education, 2018, 8/1

79

Pham ve Cho

Matematiksel Yaratıcılığın Geliştirilmesi

Kovaleskaya, S. (1978). A Russian childhood. New York: Springer – Verlag.
Krutetskii, V. A. (1976). The psychology of mathematical abilities in school children. University of
Chicago Press. Accessed 01.02.16.
Lesh, R., & Sriraman, B. (2005). Mathematics education as a design science. International Reviews on Mathematical Education (Zentralblatt fur Didaktik der Mathematik), 37, 490-505.
Liljedahl, P., & Sriraman, B. (2006). Musings on mathematical creativity. For the Learning of
Mathematics, 26(1), 17–19.
Lin, C. (2018). Threshold effects of creative problem solving attributes on creativity in the
math abilities of Taiwanese upper elementary students. Education Research International, 2017, Article ID 4571383, 9 pages. https://doi.org/10.1155/2017/4571383.
Lin, C-Y., & Cho, S.(2011). Predicting creative problem-solving in math from a Dynamic SystemModel of creative problem solving ability, Creativity Research Journal, 23 (3), 255261.
Livne, L. L., & Milgram, L. M. (2006).Academic versus creative abilities in mathematics: Two
components of the same construct? Creativity Research Journal, 18(2), 199-212.
Maker, J.,& Nielson, A. (1995). Learning Environment. In J. Maker & A. Nielson (1995). Curriculum development and teaching strategies for gifted learners (2nded.). Austin, TX: ProEd.
Mann, E. (2005). Mathematical creativity and school mathematics: Indicators of mathematical
creativity in middle school students. Doctoral dissertation, University of Connecticut. http://www.gifted.uconn.edu/siegle/Dissertations/Eric%20Mann.pdf. Accessed
05.07.13.
Mann, E. (2006). Creativity: The essence of mathematics. Journal for the Education of the Gifted,
30(2), 236-260.
Meacham, J. A., &Emont, N. M. (1989). The interpersonal basis of everyday problem solving.
In J. D. Sinnott (Ed.), Everyday problem solving: Theory and applications (pp. 7-23). New
York: Praeger.
Mingus, T., &Grassl, R. (1999). What constitutes a nurturing environment for the growth of
mathematically gifted students? School Science and Mathematics, 99(6), 286-293.
Nadjafikhah, M., Yaftian, N., &Bakhshalizadeh, S. (2012). Mathematical creativity: Some definitions and characteristics. Procedia - Social and Behavioral Sciences, 31, 285–291.
National Council of Teachers of Mathematics. (2000). Principles and standards for school mathematics. Reston, VA: National Council of Teachers of Mathematics.
National Mathematics Advisory Panel. (2008). Foundations for Success: The Final Report of the
National Mathematics Advisory Panel. Washington, DC: U.S. Department of Education.
National Research Council. (1989). Everybody Counts: A Report to the Nation on the Future ofMathematics Education. Washington, DC: National Academy Press.
Office of Science and Technology Policy. (2006). American Competitiveness Initiative. Washington, DC: White House.
80

Türk Üstün Zekâ ve Eğitim Dergisi, 2018, 8/1

Pham & Cho

Nurturing Mathematical Creativity

Poincaré, H. (2012). The foundations of science. Benediction Classics. (Original work published
in 1913).
Pólya, G. (2004). How to solve it: A new aspect of mathematical method. Princeton, N.J: Princeton
University Press (Original work published in 1945).
Reed, C. (2004). Mathematically gifted in the heterogeneously grouped mathematics classroom: What is a teacher to do? The Journal of Secondary Gifted Education, 15(3), 89-95.
Robelen, E. W. (2012). States Mulling Creativity Indexes for Schools - Education Week. Education Week, 31(19). Retrieved from
http://www.edweek.org/ew/articles/2012/02/02/19creativity_ep.h31.html?print=1
Shin, N.,& McGee, S. (2003). Designers should enhance students’ ill-structured problemsolving skills. http://www.cotf.edu/vdc/entries/ILLPS.html. Accessed 03.04.17.
Silver, E. A. (1997). Fostering creativity though instruction rich mathematical problem solving and problem posing. International reviews on Mathematical Education, 29, 75–80.
Shallcross, D. J. (1981). Teaching creative behavior: How to teach creativity to children of all ages.
Englewood Cliffs, NJ: Prentice-Hall.
Starko, A. J. (1995). Creativity in the classroom: Schools of curious delight. New York: Longman.
Sternberg, R. J. (2012). The assessment of creativity: An investment-based approach. Creativity Research Journal, 24(1), 3-12.
Sternbrg, R. J., &Lubart, T. I. (1991). An investment theory of creativity and its development.
Human Development, 34(1), 1-31.
Sternberg, R. J., &Lubart, T. I. (1995). Defying the crowd: Cultivating creativity in the culture of
conformity. New York: Free press.
Sternberg, R. J., & Williams, W. M. (1996). How to develop student creativity. Alexandria, VA:
Association for Supervision and Curriculum Development.
Subotnik,R. F., Olszewski-Kabilius, P., & Worrell,F. C. (2011). Rethinking Giftedness and
Gifted Education: A Proposed Direction Forward Based on Psychological Science.
Psychological Science in the Public Interest 12(1) 3–54.
Torrance, E. P. (1972). Can we teach children to think creatively? Journal of Creative Behavior,
6, 114-143.
Torrace, E. P. (1987). Teaching for creativity. IN S. G. Isaksen (Ed.), Fronteris of creativity research: Beyond the basics (pp. 189-215). Buffalo, NY: Brealy.
Treffinger, D.J., Isaksen, S.G.,& Dorval, K.B. (2006). Creative problem solving: An introduction
(4th Ed.) Waco, TX: Prufrock Press.
Treffinger, D. J., Young, G. C., Selby, E.C., &Shepardson, C. (2002). Assessing creativity: A
guide for educators (RM02170). Storrs, CT: The National Research Center on the Gifted and Talented, University of Connecticut.
Urban, K.K. (2003). Toward a componential model of creativity. In D. Ambrose, L. M. Cohen,& A. J. Tannenbaum (Eds.), Creative intelligence: Toward theoretic integration (pp.
81-112). Cresskill, NJ: Hampton Press.

TurkishJournal of Giftedness & Education, 2018, 8/1

81

Pham ve Cho

Matematiksel Yaratıcılığın Geliştirilmesi

Usiskin, Z. (2000). The development into the mathematically talented. Journal of Secondary
Gifted Education, 11, 152–162.
Winner, E. (1996). Gifted Children. New York: Basic Books.
Woods, P. (1990). Teacher skills and strategies. London, U.K.: Falmer Press.

82

Türk Üstün Zekâ ve Eğitim Dergisi, 2018, 8/1

